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κ΄. Proposition 20

Ο� πρîτοι ¢ριθµο� πλείους ε�σ� παντÕς τοà προ- The (set of all) prime numbers is more numerous than

τεθέντος πλήθους πρώτων ¢ριθµîν. any assigned multitude of prime numbers.
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�Εστωσαν ο� προτεθέντες πρîτοι ¢ριθµο� ο� Α, Β, Let A, B, C be the assigned prime numbers. I say that
Γ· λέγω, Óτι τîν Α, Β, Γ πλείους ε�σ� πρîτοι ¢ριθµοί. the (set of all) primes numbers is more numerous than A,

Ε�λήφθω γ¦ρ Ð ØπÕ τîν Α, Β, Γ �λάχιστος µε- B, C.

τρούµενος κα� �στω ∆Ε, κα� προσκείσθω τù ∆Ε µον¦ς For let the least number measured by A, B, C have
¹ ∆Ζ. Ð δ¾ ΕΖ ½τοι πρîτός �στιν À οÜ. �στω πρότερον been taken, and let it be DE [Prop. 7.36]. And let the

πρîτος· εÙρηµένοι ¥ρα ε�σ� πρîτοι ¢ριθµο� ο� Α, Β, Γ, unit DF have been added to DE. So EF is either prime
ΕΖ πλείους τîν Α, Β, Γ. or not. Let it, first of all, be prime. Thus, the (set of)

'Αλλ¦ δ¾ µ¾ �στω Ð ΕΖ πρîτος· ØπÕ πρώτου ¥ρα prime numbers A, B, C, EF , (which is) more numerous

τινÕς ¢ριθµοà µετρε�ται. µετρείσθω ØπÕ πρώτου τοà Η· than A, B, C, has been found.
λέγω, Óτι Ð Η οÙδεν� τîν Α, Β, Γ �στιν Ð αÙτός. ε� γ¦ρ And so let EF not be prime. Thus, it is measured by

δυνατόν, �στω. ο� δ� Α, Β, Γ τÕν ∆Ε µετροàσιν· κα� some prime number [Prop. 7.31]. Let it be measured by

Ð Η ¥ρα τÕν ∆Ε µετρήσει. µετρε� δ� κα� τÕν ΕΖ· κα� the prime (number) G. I say that G is not the same as
λοιπ¾ν τ¾ν ∆Ζ µονάδα µετρήσει Ð Η ¢ριθµÕς êν· Ôπερ any of A, B, C. For, if possible, let it be (the same). And

¥τοπον. οÙκ ¥ρα Ð Η �ν� τîν Α, Β, Γ �στιν Ð αÙτός. κα� A, B, C (all) measure DE. Thus, G will also measure

Øπόκειται πρîτος. εØρηµένοι ¥ρα ε�σ� πρîτοι ¢ριθµο� DE. And it also measures EF . (So) G will also mea-
πλείους τοà προτεθέντος πλήθους τîν Α, Β, Γ ο� Α, Β, sure the remainder, unit DF , (despite) being a number

Γ, Η· Óπερ �δει δε�ξαι. [Prop. 7.28]. The very thing (is) absurd. Thus, G is not
the same as one of A, B, C. And it was assumed (to be)

prime. Thus, the (set of) prime numbers A, B, C, G,

(which is) more numerous than the assigned multitude
(of prime numbers), A, B, C, has been found. (Which is)

the very thing it was required to show.

κα΄. Proposition 21

'Ε¦ν ¥ρτιοι ¢ριθµο� Ðποσοιοàν συντεθîσιν, Ð Óλος If any multitude whatsoever of even numbers is added

¥ρτιός �στιν. together then the whole is even.
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Συγκείσθωσαν γ¦ρ ¥ρτιοι ¢ριθµο� Ðποσοιοàν ο� ΑΒ, For let any multitude whatsoever of even numbers,

ΒΓ, Γ∆, ∆Ε· λέγω, Óτι Óλος Ð ΑΕ ¥ρτιός �στιν. AB, BC, CD, DE, lie together. I say that the whole,

'Επε� γ¦ρ �καστος τîν ΑΒ, ΒΓ, Γ∆, ∆Ε ¥ρτιός �στιν, AE, is even.
�χει µέρος ¼µισυ· éστε κα� Óλος Ð ΑΕ �χει µέρος ¼µισυ. For since everyone of AB, BC, CD, DE is even, it

¥ρτιος δ� ¢ριθµός �στιν Ð δίχα διαιρούµενος· ¥ρτιος has a half part [Def. 7.6]. And hence the whole AE has
¥ρα �στ�ν Ð ΑΕ· Óπερ �δει δε�ξαι. a half part. And an even number is one (which can be)

divided in two [Def. 7.6]. Thus, AE is even. (Which is)

the very thing it was required to show.
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